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Lveruonke3Nky

Uudh hudwlnnwuh b ubkppuotwl] qupqugdwt hhdtwpwpp btk b dumd k
npuytiu dwijwjwupdnipjutt hnid Jupunp pbunhpp, npp htwpwynp sk juwnwpty
wnwlg wuwwowd ghnughnwlwt puwunhpulnipjui:  fUUEURGulht hp
«Ghntgynipjut  hdwuwnnipniup» wohimnnipjuit Uk quuimd E, np  juhuwn
wihupwdbion L uwnbnédt] nupngulubtbtph gqbnughnuwjut puuwnhpulnipjut
dhwutwjut hwdwljwunpgp:

GLnughnuljui nuuwnhpunipniup punipjut [t} hwuwpuwlnipjut
Swuwsnnujut vhongutphg by E: ‘Lpw tyuwuwlp ginughnwlwt dswlnyph
Alwynpnudn E: Ujt hwunmwwnnmd £ hpwjuwinipjut opjtljnubph htnn dwpnpnt
ginughwnwlut hwpwpbpnipniup, Aliwynpnid upw qinughwnwlwb
qquguniupubtipp, Lwowlyp, hptwp, wywhnynid ghnughnwljut nitbwynipniuukph,
Jupnnnipjniuubph, hdnnipnibautph b wy) npuljatph qupgqugdwin:

Qtnughnuut puunhpwlnipmniup hpujubugynd E pnjnp hwuwfubpnud: 64
htgpmtt owwnn E  dwpnp Gupwplynd byuwunwluninnjus ghnughunwlut
ukpgnpénipjut,wyiput Uks L npu wpynitwybwn jhuknt hwjwiwlwunipjniup:

Yu jcastR])! Jupshp,pk hwipulppulut nunpngnid,gbnughnwljut
nuunhpulnipjut punhpp ywhwp b hpuwjuwbwgul] wpdbiunh jud ) hnndwthunwp
wnwpluutph Jdhongny:PLwth np pun  hpktg dwpbdwnhut qbntkghhg b
ginughwnnipnithg htpnt dp wpwplu LUy pbhn hwbpulppuljut nupngh
dwpbdwwnhluyh nmundbwut  ptwquyueh  wowpubbkpp, YJuplnp wbn Gu
qpuntgunmid nuuntdbwjut wowpuubph guimd b mubkt  glnughnwlut
wpdbputph Abwynplwi,nuunhpulnipjut Uks tbpnid:Ywt dwpnljuyhtt junuph
wjuyghuh  Juwplbnpwgnytt  wwppbp  hwywhuhp G hhdbtwynpduwénipiniup,
npudwpwtnipjniup juunnipniip b wyugnigusnipintup,npnip hwdwpynid tu
ghnwujuit ginkghlh opjtljinhy hwwnljwmuhoubp,hpkg jhwupdtp npubinpnidp vinwbnud
Eu htlg dwpbdwnhluynud: Unynpnnubkphwnnlniunipiniup,
tywunwlwujugnipintup, hbnbnqulwimpmniip,  jwdwhtt  wy npulubkpp
(wjugnybu gpubnpynid b dwpbkdwnhljujut yniph b puuujuindub gnpstupwugh
Ubo ghnughwnwljuwb pununphsh wnjumnipyut nhypnid:Ujuyhuny gbnughnwlut
winpdbpubph dbwynpdwt hwupgp ukpunnpbt wntsynid £ dwptdwnhluyh ghnwuljut b
Yppuljut pnjuwbinuljnipniukph thnjthwpwpbpnipjul,
wpnhwuljuwtugdut, yupbdwnhljugh niuniguw
tyuwunwlubph,dupbdunhjujubopjijnutp  hwuljugnipjniiubph  phopbdukph,

wwywgnignidubiph, jpunhptbtph nt gputg nusdwt b wy) juunhp
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Ghnughnuwut nuwunhwpwlnipniip puunhwpwlnnh, nuwunhwpuwlynnubph
hwdwwnbn gnpéniubnipnit £ npuunhwpwlynnubph ginughunwlut Ynijpnnipub
Alwnpbnt  hwdwp, npt puggpinud £ wbdh, Jupph b gqopéniubnipjub
qhnughnuljub qupqugiui npnowlh wunh&wip, wjuhiph phk dwpnp npputn] &
hwuuwinid wpybuwnp, pt tw Jupnn £ wwppbpl] ghnbghljn nt wgbnp, kht oo
unnpp, §ndhjuljut nt nyphpquljuip:

Gnughnwljutt  nuwunhwpwlnippiut wdnn  ubpunh  hwdwlnndwuh
qupguguutt  dwut b Juqunud: Uwtlujupdmput  dbke  ginughunwlut
nuunhwpulnipniip phnynd E quunhwpulnipjut dniu punqunpudwubphg ny
pt Jupguws, wy tpwig htin ubpn juwh dbke: 2h upbjh wuwnykpwugubk) tpEuwtbtph
dnwynp nwunhwpulnipniit wnwtg ntumdtwuhpynn Eplinyputnh ginkgynipjut
pugwhwndui:

Ghunuljut  puunhwpuymput  gbnughnwljuwit  puunhwpulnipmniiut
punpnonid £ npytiu oppwyyuinnn hpwlwinipnit punipjut dbe, hwuwpwlwulju
Jywupnid,wpdtunnid gbintgynipniip tyuunwlunpus puuybing, qquint, ghown
hwuljwbwnt,quhunbnt punpnibwnipjut puunhwpwlynud:

Qtnughnuljut nwunhwpuwlnipjut tnipmniup pugwhwjnbint hwdwp
wuhtipwdton L wupql] phk hty L wbwlnmd ghntkghypnpuybtu ginughnwluu
qquguntupubtiph b wypnudubph wnpnip: Snughnnipgni hppl glintghly k ghund
Jywuptt hp qupqugdwi dky, hp wnwoptpwgny, wnwownhdwlwuh wuwypwpny:
Ghnughnuljut nwunhwpwlnipniip ogunid E ghown pujubnt Yyuuph hdwuwnp,
huwulwtwy pt husp hswtu whwp b thnjul) fubpnwd, htsp ywhwnp L yuhwywil)
npytu npulwb, puph b dwppuuhpului:dbnughnuljut guunhwpulnipjut
huuinhnpt Eqinughunwljwt nunnnnmpnibbp’ wuwwnlbkpubph
Alwynpnudp,ginughnuwljut  qquguniupuiph b dwowljh nuwunhwpwulnudi nt
huptwnwunhwpwlnmdp:  Ghqughnwjutt qupqugnudp guunmhwpwyniput
Jupbnpugny  Juwnbkgnphwubphg & GEqughnwlwt puunhwpulnipjut
gnpsupugnid  unynpnnutph gblnughnwljut  qupqugdwt  nittwlnipniutbph
Alwynpdwt jpunhputpp nqupdl) £ ntunidbwuhpnipyniatbph wowplue:

QUG hSNRE3NRLE BY, ULYBUSE

Gtnughnnuwjut npuuwnhwpwlnipniip Swpwmd £ unynpnnubtph pupnyuljub
gotph Abwynpuwtip: Qupqugunid tpwtg ginughwnwlwt pugnibwynipniup, ogunid
E mdtpp ubkpwéht swihnd ubkppubnt wpdbunnd, woliwnwipmd  ghnkghlyp
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unbindtiniy, qlntkghlh opkupubpny uwwnbnéwgnpsdbni: FPwquljt  wpybunp
Jtpwithnjuhs nidh dwuhtt wuky k. «@uquynputpp dnnnypnh Jpw hofjund &t npnowljh
dudwiwljuwopowlinid, hul] qinughnp nupkp swpmbwl] tw ¢ojunid t hpkph
ntupp: Updkuwnp hgnp nid b»: Unynpnnubph gbnughnwljuwt guunhwpulnipmniut
hpwiwiwimd  t pupngmd  jmpupwbygmp  numdbwlut wowpljugh
niunidbwuppdwt dudwbwl: niu UES dwulwupd iphtujhtt qununud Ep, np
<<wdbkl Up ghnnipjut ke hus-np swthny ju ghinughwnwljut mwupp>>: L. (fhushtim
ginughunnwlwt dwowlh Abtwynpdwip ughpdws hp wohuwwnwipnid, hkudbng
dwpbdwwnhluljut  glnkghlh  wpwwphtt b ubkppht gqinuqhumpuu
Jpuw,wnwbdtiugunid £ dwpbdwnhuih gbinughunwlut  qupgqugdwt  Gpkp
dwjupnul, npnup wdwinid G twb ginughunwlub Swpwlh dwlwupnuljubp

L. qquyuljw
U jud mEkunnujut

2. wy|
pbwnputipughte

3. hwnljut
owljutt

Tpwughg wnpwehp  tw hwdwpnmd b qquuut jud wnbunnuljub-
wuwnlbpuhtt dwuppulyp, npp hbudnwd £ hhdbwljuwinid wkunquljuth Jpw,
uwjuyt ndjup sk Ypwht), np wju dwjuppulp pun Enipjut nstsny sh nwuppbpynid
dupbdunhljulju opjtjnutpnh wpunwpht ginughwnnipinithg, npp hktg wynutu
npuytu qquyupubutph Jdhengny pluynn gqbnughunipmit Lt punipwugpnid
U.Gnruwbiwte:

Ghnughnujut qupqugdut jud dwowlh hwenpnnn dwlwpnulp, npp
ptipnud £ L.nushtwt, pynud £ wuphtunwlut: Uju nsynid £ wyp ptinpuipuyhs,huy
tpw Enipnitip uywiund £ tpwinud,np wyt pny; £ wwihu glinkghp wbkubt)
dwpbdwnhlulut  opjtjnnutph  hudbdwwnnmpui  Jdbp:  Zwdbdwwnnipjul
gnpénnnipniup hwnljubywlwuit t ghinughnwljwt quhwnwlwtht: Ldwbtwnhy
gnpénnnipjnibibph juuwupnudp Bipungpmd £ dwpbdwnhljuljut  opjiljnnubph
htswybu wpunwpht,wjtybu k) ukpphtt hmnjwhoutph hwydunnid,wjuhiptt hwignid
E wyn opjjnutph jud wpunwpht jud k) ttppht ginughunnmipyut: SEnughunwljut
qupgquguui jud dwowlh btppnpny dwljupnulp, npp Ynsynd £ hwnljubywuljub
JjhbEnhtwlp hwdwpmd £ pupdpugnytt dwljupnul,htisp pny) £ wnwjhu unynpnnht
<<wnwownpyus fuunhpubph pwqunipinithg puwnpl] wj,npp Jupkh £ hwdwply
gtintghl b thwunwpll] nputg punpnipmpniips>: Qupqugdwt  dwlwpnulh
Jbpwpbpju) jpunhpubph gbintglynipiniup hknhtwlp quhwwnnd £ Gjukng ghnwulju
qtintghlih wyu jud hunjwtthphg:



Cunhwipuwbu gbnughwnwljut qupqugnidp, tpw nwppip dwlwupnuljubpp
Jupnn Gt npubnpdl) hsybu dwupbdunhlujut optlnttph ubkppht, wjbwybtu
wpuwphtt  ghinughunipyut dbe: Fpwignmd  wpunwhwjnygnid o twb
dwpbdwwnhluljut qbntghlh, pt omtlhwnhy, pt unipjiljnhy hwwnluithpubpp:
Gnughnuljutt  qupqugnudp b qupqugduwt  dwwpnulubpp wbhwnp E
yuydwbwynpl] Yppujut nuppkp wunhdwubph htwn, husp quydwbwynpdws &
htswtu nuunduwuhpynny dwpbdwnhluut tniph, wuwybu bk unynpnnubph
wnwphpujhtt  wpwbduwhwwnlnpnitttiph  hkwn:  Ujuhtipt  Yppwluwt  wwpptp
wunhfwubbpmd whwp £ uyuul] dwptdwnhluwh nuuwduwindwut gnpstupwugh
Uhongny gbnughnwljwut qupqugudw jpunhpubkph nwwupptp (nisnidukp:

Qtntkghlh umnipkljnhy hwnuuhoutpt,npytu ginughnuwjut hwnlwthoukp
wihpwdbton ki dwpbdwnhluh JEpuguut Wyniph pulupdwb, ppubgnid
qinkghlp wnbutbnt hwdwp wihpwdbion  Judwhtt npuljubpdbwdnpl;: Uy
gnpépupugnid dhwynpynid b qupquiunid tuunynpnnh juduwghtt npuyjutpp, npntp
hptug htppht tywuunnd i ghinughunwlwt unp opklwnutph pujuydwinp,
wwywhnybkny ginughwnwljw npnywljh qupqugnid:

Ghunwljut qlntghlh Ywpgh b hwdbdwwnnipjut opkljnhy hwwnljuithyutph
npulinpynud &t mwpplp dubkpnd b junpnipjudp: Mbwnp £ wnwtdbuwgub] Jupgh
opkjnhy hwwnlwuhop, nptt mnklgymd t  unynpnpubph numdbwpnipjut nne
pupugpnid b dkdwybunn  twwunnmd  husywbue  tpw  Jnwdnp, wjtiybu  k
ginughwnwlwut qupqugdwinp:

Uwptdwnhuwih ntunigdut dky hwjwuwpnipnitubph b wthwjwuwpnipiniu-
ubph nunigdwp webtsynn ynipp wjwinwpwp nith juyt nnpn b htwpwynpnt-
pintuubp: Fpuig sunuuynidp nuunudbwlwt wyniph hknpuyuwjinud £ undnpnnh
dwnwhnphqnup, dbwynpnid £ wphiwphwjwgpp, hpp thwunnid £ qupqugusnipjut
Awynpdwt Juplnp gnpéphpug b dhwdwdwbtwl dwptdwnhlulwut gqbntghljh
Jhpwnbjhnipjutt  opkljinhy hwwljwuhoubph Yhpwnbjhnipnit: Ujuhtipp  dkup
nupdjw] gnpé niukup unynpnnh gbhnughwnwljuwi qupqugusénipjut gnpépupwgh
htwn:

AtUSPSNRE3NPULE ZULMUZUTCINRT

Unynpnnubph  qhinughunwlwt qupqugdwipn juy  htwpwynpnipmb  k
unbndynud dupbdunhljuljut qintghlh npudwpwbujut punmpyut  opkljnnhy
hwwnljwuhop: Ldwt httwpwynpnipniip wowbduwlh ppubnpnud £ unwinid dhoht



nupngnid  dwpbdwnhjuljut tpynt tnp nuundbwljub wowpubtbph hwipw -
hwoyh b Epjpuwswthnipyut ntunigdwt gnpépupugnid:

Uhght nupngh tpypuswhmpjutt nuuppugp unynpnnht htwpwynpmpyni &
nughu wowehtt whqud Swinpwiw] dnwsnympjub dh Juplnp wwpph npp
npulwlwt unp wunmhdwth E  pwpdpwugunid  unynpnnh  dwnwdnnnipinibp:
Quthwquiig Juplnp £ wju thnynud ophttwfjubiph bt dumophtiwljubiph nhwnwplynudp:

Ujuntn wpudwpwbwljut  jpunnipjuit htn dhwuhtt ppubnpynud £ unp
dwpbdunhljuljut gintghlh hunwlnipjut opjljinhy hwwnljuhop:

GLnughnulub qupqugdwt juytt htwpwynpnipnit £ unbndynd dhohtt nuypngh
hwupwhwolyh nwuppwgp: twupbpugh ghinughunwlwt hdwypp tpw (kqnit k, nph
Aliwynpuwt Uhongny k| hpwljwbtwgynid E unynpnnh ghinughwnuljut qupqugnudp: b
wnwppbpnipnit pupwbnipiub, wyn (kqnit pugh pytphg tkpuenid £ twlb tmwnkp,
husp dudwtwlht htquopomid L wnwowgnpt] nno dwpbtdwwnhunid b ks nhp L
huwunnid dwptdwnhlugh ntunigdw gnpdplipugni:

Zwbupwhwoyh 1kqyh qupqugdwt gnpépupwgh, tpwinid dwpbdwnhlulut
gtintghlh  wpwdwpwiwlwt  jpunnipjui U hunwlnipjut hwnlwihyubph
npulinpynud £ puqunipjut qunuthwph tkpundwdp: Fuqunipniuibph huph ypw
Jupnigws dwpbdwnhut wsph E puljunud mpudwpubuub juunnipjudp b
hunwlynipjudp:

ZuupwhwrJulut (kqyh dhongny unynpnnh ghnughnuwljut qupqugdwi juy
htwpwynpmipnit Jupnny b uwnbnét] wpwpwinipjut wwppbph  tbpdnidnudp
npudwpwinipjuit  hwbpwhwoyh  numgnmdp  dhohtt  nupngmid:  Tunphhy
npudwpwtwlut  sunuuitph hwipwhwyywlwt wpunwhwynnpmniuttph b
puwtwdlitinh, Jupnignudp pugnitnid £ wybjh hunwly wbkup: Ophtwly wowltpwnp
Jbipowybu jupnnutnid k ny ph ubpunb), wy hwuljwbtw) a-b wpnwhwjynnipjut jud
a>b pmtwdlh hdwuwnbkpp:

Unynpnnh dnwénnnipjut dinwhnphqnth, wpjpswphwjwugph qupqugdwt bu dky
hpwowih wrhp L unbndynud ynpphttwnwljut hwdwlwpgqbph, Ynnpphtwnwulut
ninnh, Unnpphtwwnwlut  hwppnipjut b Ynnpphtwnujut wupwdnipjut
nphunwpinudp: Uju ginughunwljut qupgqugnid kE, npnghtnb tpwiunid  ppubnpynid
tu puphwbpwljuwinipyut b puquuquinipnibiubph dhwubnipjut ginughunwuljut
hwwnljutthoubpp:

Ghnughnuljut qupqugnidp juyt htwpwynpnipyniuubp £ unbnéynid wdwgq

nupngh dwpbdwnhluh nuuptpwgh nquphpdutph b Epwulnibwswhulut
wpunuwhwjnmpnitutpht thpjws yniptph ntunignudnp:
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Unwénnnipjub b ginughunwlwut qupqugdut npuljuu juplnp prhsp
Jupnn b wwywhndt] hdwgnipjut dbpnnubph hpwpnipmniip wdwg nupngh
«wmupwhwoyh b dwpbdwnhjulub whwihgh mwuppbppy nuuntdbwlju wnwplugh
nuupupwgh nuunigdwt  gnpépupwgnid: Uwpbdwnhlului  hugniljghwgh
Jhpundwdp ptnptdubph wywgnignidubph juwnwpnudp npuljujut tnp wunhdwb
E npytu junuph thwunwplnid jud hhdtwynpnud: Pugnijghwt jmnpubptu pun L,
npp wywtwlnd k qqnud, hnugnid, wnweptpnid, §pwhnud, dujusnud: bunnijghw
wiuwtnd Eu nuninnmpnittiph wjtyhuh dbpnnp, npp dwubtwynp ophiwljatiphg
hwiugkginid £ Jh npnp punhwinip  Gqpuljugnipjut, ophtwl, gnudwpbknyg
1,3,5,7,9....2n-1 kuwn pytpp n=1,2,3,.... thnthnjuwljuth tmwppkp wpdtpubtph nhwypnid,
unwund kup

1=1=12,

1+3=4=22,

1+3+5=9=32,

1+3+5+7=16=42,

1+3+5+7+9=25=52,

Zbow L tjuunty, np pipdwé pnjnp ophttwljutpnid wnweohtt Yt puwju pytph
gnudwpp hwjuwuwp k gnidwputph pyh pwpwljniunt: Unwohtt innnid qpdws k «dky
gnudwpbjhhg punugwué gnidwupr:<<@nidwup>>punh wjuyhuh pdpnunwdp, btpp sk
pugunynid bwl wjyhuh gnudwptbp npnup puplugws tu Ukl gnidwpbihhg,
tpptdt ogqnnujup L dwptdwnhljuynid: Uhwup b swgnid pl wyn hwnlnipjniup mnknh
niith guiljugws pyny gnudwupkihubph nhypmd: Ujuwhuny «pnpnp phwljwb n —ukph
hwdwp hpwywgh E hknbyjuw) hwjwuwpnipniip.

143+5+...+(2n-1)=n»
“Thunwplkup bu vh ophtiwaly.
P(x)=x?+x+41

Lwnwljniuh Epwtinuund x-h thnjpwupktt mbnqunpbing 1,2,3,4,5, phwljwt pykpp
Junubwip

P(1)=43, p(2)=47, p(3)=53,p(4)=61,p(5)=71:

SYju trwinuuh uwnwgwéd pninp wpdbpubpp wwpq pybp B x-h thnpowpku
wnbknunptiny 0,-1,-2,-3,-4 pytpp YJuunwbwup p(0)=41,p(-1)=41,p(-2)=43, p(-3)=47, p(-
4)=53:Sju] tnwlnwuh wpdtpubpp x thnthnpuwljuwih tpdws wpdtpubph nhwypnid
unytybtu ywupg pytp E: Owgnid | hhykphg, pk p(x) trnwbunudh wpdbpp wwupq phy

8



E x-h guwujugwsé wdpnne wpdbputph nwpnid: Uwluwy mpwsd hhwynptqp upow L,
puilih np ophtiwlyh hundfwp

P(41)=412+41+41=41x43:

Ujuyghuny nuwnnnnipnibtbph dhtitnyt dkpngp npny nhyptpnid hwighgunid k
&hown Lqpujugnipjutt (hiyylku wnwehtt ophimlnid), hull niphy nhwypbpnd upauy
tqpujugnipjutt (htywbu EpYypnpny ophttwlnid): Lwuh np wju dbpnnh nhupnid
tqpujugnipnitt wpynud £ dh pwth ophtimljh puttwplnidhg hbtwn, spungplyting
poinp - htwpwynp ghwpbpp,niunh wju dipnnp Yngyomd £ ony pp] jud phph
hunniyghw:@tph hunniyghwyh dkpnnp ogrnujup k tpwuting, np htwpwynpnipjniu £
wnw]hu dbwlkpwt] hhynptqd, npp htnn jupkih £ wywugnigl) jud hEppky:

Ulunpunwuntwup
1+345+....+(2n-1)=n? (1)
hujuwuwupmpjuup: (1)-p ywbwlkup A(n)-ny, npnkn n=N: (1) hwjwuwpnipjut
&ouwphwn (hukp (n=1,2,3,4,5)ntwyptph hwdwp wuywgnigytg twpuonnp:
Lwtih np A(5) wunypp &odwphun k, ntunh
143+45+749+11=52+2x5+1=(5+1)2=6?,
wyuhtpt &odwphw £ A(6):
Ujuyhuny wwwgnigytg, np A(5)-h &odwuphwn 1hubjnig hknbnud £ A(6)-h &odwuphin
1hubn:
Uwwgniglup, np A(k)  A(k+1): U tpwmbimlnid k, nplt
1+4345+7+...+(2k-1)=k?
Zujuwuwpnipjniihg hbnbnd |
1+3+5+...+(2k+1)=(k+1)?
hwwuwpnipniup: bpnp
1+43+5+...+(2k-1)+(2k+1)=[ (1+3+5+..+(2k-1) |+ (2k+1)=k2+2k+1=(k+1)?

Quuwjywsé wujwsp swwn wljiwnnt b hwdnghs E, dbkup wjuwnbkn gnps nitkup
dwpbdwwnhljuljut Jh tnp uljgpniiph  hbkwn, npb pugnmibJws £ wbduibly
dwpbdwnhljuljub hunnighwjh uljqpniup:

Ujdd dhwljpyktp wyn uljqpniupn.



Bpt A(n) wnwownpnipjniup,nph dbe n-p ptwlwt phy L &dwphwn E n=1
hwdwp b Gpk n=k hwdwp tpw dodwphwn jhuknig hbnbnwd E, np wyt dodwphwn k
twl hwonpn n=k+1 plYh hwdwp, wyw A@m)wnwewunpmpmiip &Lodwphn E
gutjugus n phwlwb pytph hwdwnp:

Uwptdwnhulwt hugnijghwh uljqpnibpp ptwlwt pybph pwpwinipjut
hhduwljut wpuhndubkphg Ukl E, npp owwn Jhpwnnipnit nith dwupbdwwnhljuynid:
Uy ulgpniuiph dpw Lt bhhdudwés wwyugnigdmt wyu dbpnnp, npp Ynsynud L
dwpbdwnhluljut hugnighwjh dkpny: Uju dbpnnp punjugws k2 dwuhg.

1. Unwohd dwunid wyugnignid bkt <unnmignid Gu> A(1)wunyph &odwphuin
1hubp:

2.6phpnpy dwunmd  Bupwunpymud &b, np A(n) —p &odwphwn k n=k-h hwdwp, b
wywgnignid A(n) wnwownpnipjub Lodwpunnipiniup n=k+1 hwdwn:

Onhtwly, 1phy hugnilghugh dbpnnnd b wwywgnigqus Lplhpwswihnipiniiunid
utpgéyuy wmuljjut yEkpwpbpyuy ywungnudp: @Enpbd: LEpgsju wulpniup swhynid £ g
wntnh Ykuny, =npht hbkudws L <ABC=AC/2: Uywgnigdwt dwdwbul
hppuljwinpjudp phunwpldnod B htnbyug 3 nhupbpp

1. Epp opowitimgsh YEtwnpnup quniynid £ wuljjut Ynnutphg dklh 4pu,
2. wulput ubkpunud,
3. wulniuhg nnipu:

tnpbdt wwwgnigbing  wyn  ptwpkphg  pipwpwbymiph hwdwp,
wjuntudbuwyhy, Ukup wmyugnignid Gup punhwunip nbupnud:

Ophtwl hwppmpjub by mwpws i n mnhnikp, npnighg gubljugus
tpyniup gqniquhbntp skt b gwulwugwé tpkpp skt wugunmd  dhbbnyt YhEwng:
Zuppnippnitp pulh” dwuh jupnhkl wyn n nuhnubpp:

Lodnid: Zhpunnipjudp Juphbih £ hudngyk), np 1 ninhnp hwppenipniup npnhnid

E Gpynt dwuh, Gpynt ninhnp snpu dwuh, Gpip ninhnubpp jnp dwuh, snpu ninhnp
nwubidbl dwuh:

Npnubh pwbwlp ywbwlkup P(n)-nd:9wupkih £ tjuwnby,np
P(1)=2,P(2)=P(1)+2=2+2=1+(1+2)
P(3)=P(2)+3=1+(1+2+3)

P(4)=P(3)+4=1+(1+2+3+4)
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P(5)=P(4)+5=1+(1+2+3+4+5)
Blutny uinwgiws opptiwywthnipyniuhg ptwljub k kupwnpt), np
P(n)=P(n-1)+n=1+(1+2+...+n)
Ujuhtipt®

P(n):l+w (1)

Uwwgnigkp (1) pwbwdlh &rydwphwn jhukp, Gubkny dwpbdwunhlulju
punmbghuyh dkpnnp Yhpunmpyundp:

n=1 nhypmd pwuwdlbi dhown L: Glukny hunnighuwyh dkpnnh Gupwnpnipiniuhg,
npuwip nhunwplhtip unph wuydwiht pujwpupnn gutjuguws k+1 ninhnubp:
Cuwnpkup wyn ninhnutphg dbyp b pugniukup np (k+1)-py nminhnt E: Punmiyghuwgp

L(k+1])

b

tupunpnipyut hwdwduwytt Ujntu k minhnubpp hwppnipniup mpnhnd Bu 1+
dwubph:

Zuwnykny k ninhnubph htwn (k+1)-pg ninhnp Yupnhygh (k+1) dwubph: Unwugdus
dwubshg nipwpwiisnipp hwppnipjut wpnbt tnus (k+1) dwubphg jnipupwbsnipp

Jwunpnhh Gplnt dwuh, ntunh hwppnipjut Jpu jubjwiuw bu (k+1) dwu: Ujuyhuny®

P(k+1)=P(k)+(k+1)=1+-1 | (11 1)1 4 EELEED,

Zknbwpwip (1) pwtwdlp &hpwn EneN nhupnid:

Uwpbdwnhjulut  hugnijghugh  dbpnnp gt jhpwpnipimit mith
dwpbdwwnhluyh wwppbip pwdhubpnid «pJupwinipjut by, hwbpwhwoynid,
pYtinh wbunipniinud, dwpbdwnhiujut wbwhqnud, Epjpuswthnipjut dbe b
g

QENUSPSNRE3NPULE GrAruueNh E8NhuNhU

“thnliu hhtt dwdwtwlubphg dupnphl tpjpuswthwjui wnwdht dwpdhtutbpht
Jbpwqpl) kb jpnphppubiywljut hdwuwn b gk Unquljub bpwbtwlnipiniie
Quipdwiwhpuwy kb hwdwpyt)] hmnjuwbu htnljw) hhtiq puquuthunbpp:
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Uju hhig puquwihunbpt odun]us ki npnowlh hunnlnipniuubpny

w) npuighg nipuwpwiisynipp ninnighl] puuquwtthuwn k,

p) nipwpwigniph poppp thunbpp Jpdjuwtg  hwjuwuwp jubnbwynp
puquutlyniutbp ki,

q) ;ntpupwigjniph wdkt Uh ququpnid dhwiunud u hwjwuwp pyny Ynnbp:

Uju tptip hwwnlnipjniutbpny odinjwd puqUutthunbpp nsynid
ki juintwjut puqUuthunbp:

PJupldws hhtg juintwluwt puquuihuntpp dudwbwhtt hwbqudwunpku
niunidbwuppl) £ Zht Znmibwunwih dks thhjhunthw Muwnntp (U.p.w.427 p. ): Uiy
wuwwndwnny nputg wijubinud kb wjjunnbuljut dwpdhutbp:

NMupqyb] E, np wjunnbwlwb wyng hhig dwpdhutbphg pugh niphp dwdhubp sfubs:

Qtnughnwlwt hwdnyp L wpwowgunid twl hwdwswihnipjniiubpp, npntp
ogunuuugnpsyt] ki huyjujut pupuwynp dpwlnypenid,dhptiwnunph b dudwtwljulhg
Supnupuybnwlui  juenggibpmd  jwspupbph, npdiwblupbbph, qnpgbph
htswbu twb wnkpuhjuih: Uwpbdwunhiju ntunigdut gnpépupwugnid unynpnnubkph
pujupupjuwoénipniutt Yyph pungdqus  ghnughwnwlwb  punyp, bGpb  htym
hwpgunpnudp juwydws 1hth jud ninklgyh hwnlwuhoh gpubnpdwdp: Ophtwly
hwjwuwpwupnit tnwtljjutt hwnmpmnibtutph jud tpw Jepwptpuy jpughputph
(nwdnmudubpp wydbh myniphtt B qpunind tputnud, hwdwswthnipyut wnljunipyut
ounphhy,hisp ghntigugunid E tdwb bowblpnitp: Uy hwdwswhnipiniutbpp
qquihnpht wybjwind b Gpp hwjuwuwpwupnitt Enwlyynitip, hush yuwwnmdwnny
Jtpohtiu Ynsynid E bl jutntwynp tnwtlnit: Gpt ntunighsp Juplnpnud £ hupgh
ginughunnwlwt Ynnup www tw,jush wyju hwbqudwipp b wydbkh hwdwu
Jogqunugnpsh ny ph hwjwuwpwupnit wy; juiunbtwynp Eqpoypn: Uwpbdwnhljugh
nunighsp whwp £ jmipwpwbsmp  wbqud gnyg ww  wnbkuwbbh  nupdth
dwpbdwnhljuljut ophttwswthnipniiubph gbintgynipiniup, husp wowlbpnh dnwn
uhpn qqugnid jdbwynph tpu tjundwdp:

Uwptdwnhjulwut Yppnipjut dhongny dbwynpynid E pupnjuljut wpdtputp
udhpywd wouwwnwiiph, npnig Joqukt Funiuh tnutwlny pwpwbmljuin gnidwph
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hwoynidp: Uwptdwnhljugh ntunigsh jupbwqgnyt jpunhpubphg dbyp wopiwmwnwtph
tjundudp gbinughnuljut JEpwpbpuniuph dbwynpnidu b Nbunighsp whwp E
unynpnnutphtt hwugth wjt dwjuppuyjh, np jupnpubw.

1. Qubhwwnb] wouwwnwupp glinkghlh wmkuwulniuhg, mupptipult) gintghlju nu
inghnp

2. Ujwwnh nhwunnht ghnkghlh tjuwndwdp wwhwieuniupp, nhwninnh Ynnuhg
unwgyud pubwljwbinipniun

3. Uwnkndwqgnpsk] glintghlh opkupny:

Ujuyhuny qbnughunwlwt puwunhpulmpmniup  Gpupuwnb, pwpnp n
puquulnnuwith gnpdpupwg k: ‘Lpw dutpt n dkpnnubpp puquuptnype G G dhuyu
pninp Alkph wdpnpowljut Yhpwndwt ounphhy Jupkjh £ hwutl] gbnughnwljut
nuunhpuynipjut pupdp dwjupgulh, husp hp wprnwhwjnnipniut £ guninud tub
dwpbdwwnhljuyh ntunigdwub gnpépupugnid:

GoruuvusNhE3Nhy

Ujuyhuny dhohtt b wjwg nupngnid hwdwlnpdwihnpkt qupqugdwut wbdh
Awynpuwt hwdwnipe ntip juwnwpnny dwptdwnhju wnupjut: Uuptdwnhluh
niunigdwtt nn9 plupwgpp nigblgynd £ dwph, pwbwlubnipjuit wlunhy
gnpéniubinipjudp:  Uwpbdwnhjujut thwunbkph mt gpuitg wyugnignidubph
whuywubhmpniup, wijutwnbubhnipmniup, dupbdwunhluh gbnughunwlut
wy| hwnljwthpukp, nppuig hpwjwbwgdwt hwdwp hpwneynn hdnnipjniuubpp,dnph
ndp  dynitmpnitt ot hbnbnquwlwinipniip  ginughnwlwt  qpuysnipjut
npnowljh tpwtq b hwnnppmd npuilg niunigdwt gnpépupwught, wnwowgunid
hniqujut wypnudubp, ywupgund ginughwnwlwt hwdnyp: Zupgtph b fpunhpubph
nsdwt Uky pwbwljuwunipjut nuppk ph ttpgpuyddwt hpwowih ophtiwl G wy
ghunipniutbph Uk  dwpbdwwnhlugh  Jhpwenipmibubpp: Uju wmbuwlbnhg
dwpbdwwnhluyh ntunigdwt gnpéptpwugnid upbnp E Jhpwpwlwb puunhpubph
nphunwpinudp:  Cwpddwtt juwnbnippubph,  hwdwdnyJuspubph  Jhpupbpuyg
huunppubpnid Epnd £ dwpbdwnhlugh, dupbdwnhluljut dnph, hgnpnipniip,
wnwohluynid  wnwownpyud huughpttph  sdwt  dby  dwpbdwnhluljut
Ubpnnubph  wwpgqnipjnitp, wpynibwbnmpmnitp, snmdutph b uvnwugyus
yuwnwupwbbbph  wbhuywubjhnipinitp, hwbqudwbpubp, npnup pungplnid,
wywgnigmud kb ppwig dby dwpbdwwnhluwh pwbwlwiuh b qinughunwlwuh
wbwlmpmniip: Fhnughnuljutt hwdnyp Eu  wnwowginmd  Upphdbnh
dbjpowthjuljuwt hwyntwugnpdnipiniiubkpt nt nputg dwptdwnhjulwut nusnidutpp
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Zkpnt pwquynph pwgh  wwpnibwlimpjut  dbpnulnt pwbwlnipjut
hwjnbwpbpndp, Jud QGwniuh Ynndhg Zpbw dnpnpuljh quibp: Nunnbyub
dupuhuubtpp, npnug htwnwput dwudwbwlwopowthg uljuwé punphppuipywlju
hdwuwn b dnquijut towbwlnipnit tywbwlnipmnitt £ nydl) wyt oqunugnpdyly k
pwinulugnpsutiph, ujuphsubph,nuljbphsubph wopwwnwpubpnud:
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